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In the above-referenced paper, we stated and proved two theorems on the necessary and suf-
ficient conditions for the oscillation of all solutions of second order neutral differential equation
with delay,
d2
dt2
(
y(t) − py(t − τ))+ q(t)f (y(t − σ)) = 0 (1)
on [0,∞), where q(t) ∈ C[0,∞), g(t)  0, f (y) ∈ C1(−∞,∞), yf (y) > 0 whenever y = 0,
f ′(y)  0 for all y and 0 < p < 1, τ > 0, σ > 0 are constants. There were mistakes in the
statements of the two theorems as pointed out in a recent paper by Lin [2]. We wish to correct
the mistakes below.
The nonlinear function f (y) is said to be superlinear if
0 <
∞∫
ε
dy
f (t)
,
−ε∫
−∞
dy
f (y)
< ∞, for all ε > 0,
and f (y) is said to be sublinear if
0 <
ε∫
0
dy
f (t)
,
0∫
−ε
dy
f (y)
< ∞, for all ε > 0.
The two theorems are corrected as follows:
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752 J.S.W. Wong / J. Math. Anal. Appl. 332 (2007) 751–752Theorem 1. Suppose that f (y) is superlinear. Then a solution of Eq. (1) is either oscillatory or
tends to zero if and only if
∞∫
tq(t) dt = ∞. (2)
Theorem 2. Suppose that f (y) is sublinear and in addition satisfies
f (uv) f (y)f (v) if uv  0.
Then a solution of Eq. (1) is either oscillatory or tends to zero if and only if
∞∫
f (t)q(t) dt = ∞. (3)
The mistakes lie in the omission in the statements of these theorems where nonoscilla-
tory solutions can and do exist (as shown in [2] for the superlinear case) under assumptions
(2) and (3). In the proofs of these theorems, the case where the function z(t) defined by
z(t) = y(t) − py(t − τ) is eventually negative was not ruled out. Indeed, if z(t) < 0 for all
sufficiently large t , then we must have limt→∞ z(t) = 0. To see this, let φ(t) be the initial func-
tion defined on I = [t0 − ρ, t0], where t0  0 and ρ = max(τ, σ ). Denote K0 = maxt∈I |φ(t)|.
Without loss of generality, we may assume y(t) > 0, z(t) < 0 for all t  t1  t0. Since 0 < p < 1,
for any ε > 0, we can choose n sufficiently large so that pnK0 < ε. Now for t satisfying
t0 + (n − 1)τ  t  t0 + nτ , we have t − nτ ∈ I0, so
y(t) < py(t − τ) < · · · < pny(t − nτ) pnK0 < ε.
On the other hand, when t belongs to the subsequent interval [t0 + nτ, t0 + (n + 1)τ ], t − τ
satisfies t0 + (n− t)τ  t − τ  t0 +nτ , so y(t − τ) < ε; hence y(t) < py(t − τ) < y(t − τ) < ε.
By induction on n, we have y(t) < ε for all t  t0 + nτ , so limt→∞ y(t) = 0. This proof applies
to both Theorems 1 and 2.
Towards the end of the proof of Theorem 1, we stated that the nonoscillatory solutions y(t) sat-
isfy (∗) limt→∞ y(t) = 11−p . This follows from the fact that y(t) is bounded, 1 |y(t)| 11−p ,
and limt→∞ z(t) = 1. Hence limt→∞ y(t) exists and satisfies (∗); see [1, p. 19, Corollary 1.5.1].
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